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İsmail YILMAZ; Hamzabey Köyü, Yeniçağa, Bolu’da 1973 yılında doğdu. İlkokulu köyünde 
tamamladıktan sonra, ortaokulu Yeniçağa ortaokulunda tamamladı. Liseyi Ankara Ömer 
Seyfettin ve Gazi Çiftliği Liselerinde okudu. Lisans eğitimini Çukurova Üniversitesi Fen 
Edebiyat Fakültesi Fizik bölümünde, yüksek lisans eğitimini Sakarya Üniversitesi Fen 
Bilimleri Enstitüsü Fizik Anabilim Dalında ve doktora eğitimini Gazi Üniversitesi Eğitim 
Bilimleri Enstitüsü Fen Bilgisi Eğitimi Anabilim Dalında tamamladı. Fen Bilgisi Eğitiminde; 
Newton’un hareket yasaları, elektrik ve manyetizmanın prosedürel ve deklaritif bilgi 
yapılarıyla birlikte matematik mantık yapıları üzerine çalışmalar yapmıştır. Yazarın farklı 
alanlarda yapmış olduğu çalışmalar arasında ölçme ve değerlendirmeye yönelik çalışmaları da 
mevcuttur. 

 

VDOİHİ 

 

Veri Değişkenleri Olasılık ve İhtimal Hesaplama İstatistiği (VDOİHİ) ile olasılık ve ihtimal 
yasa konumuna getirilmiştir. 

 

VDOİHİ’de Olasılık; 

 

 Makinaların insan gibi düşünebilmesini, karar verebilmesini ve davranabilmesini 
sağlayacak gerçek yapay zekayla ilişkilendirilmiştir. 
 

 Dillerin matematik yapısı olduğu gösterilmiştir. 
 

 Tüm tabanlarda, tüm dağılım türlerinde ve istenildiğinde dağılım türü ve tabanı 
değiştirerek çalışabilecek elektronik teknolojisinin temelidir. 
 

 Teorik kabullerle genetikle ilişkilendirilmiştir. 
 

 Bilgi merkezli değerlendirme yöntemidir. 
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Simge ve Kısaltmalar 

 

𝑛: olay sayısı 

𝒏: bağımlı olay sayısı 

𝕟: bağımsız olay sayısı 

𝚤: bağımsız durum sayısı 

𝐼: simetrinin bağımsız durum sayısı 

𝕝: simetrinin bağımlı durumlarından 

önce bulunan bağımsız durum sayısı 

𝑰: simetrinin bağımlı durumlarından 

sonra bulunan bağımsız durum sayısı 

𝕜: simetrinin bağımlı durumları 

arasındaki bağımsız durumların 

sayısı 

𝑘: dağılımın başladığı bağımlı durumun, 

bağımlı olasılıklı farklı dizilimsiz 

dağılımlardaki sırası 

𝒍: ilgilenilen bağımlı durumun, bağımlı 

olasılıklı farklı dizilimsiz dağılımlarındaki 

sırası 

𝒍𝒊 : simetrinin ilk bağımlı durumunun, 

bağımlı olasılık farklı dizilimsiz dağılımın 

son olayı için sırası. Simetrinin sonuncu 

bağımlı olayındaki durumun, bağımlı 

olasılık farklı dizilimsiz dağılımlarındaki 

sırası 

𝒍𝒊: simetrinin son bağımlı durumunun, 

bağımlı olasılıklı farklı dizilimsiz 

dağılımlardaki sırası. Simetrinin birinci 

bağımlı olayındaki durumun, bağımlı 

olasılık farklı dizilimsiz dağılımlarındaki 

sırası 

𝒍𝒔: simetrinin ilk bağımlı durumunun, 

bağımlı olasılıklı farklı dizilimsiz 

dağılımlardaki sırası. Simetrinin sonuncu 

bağımlı olayındaki durumun, bağımlı 

olasılık farklı dizilimsiz dağılımlarındaki 

sırası 

𝒍𝒊𝒌: simetrinin aranacağı durumdan önce 

bulunan bağımlı durumun, bağımlı 

olasılıklı farklı dizilimsiz dağılımlardaki 

sırası veya simetrinin iki bağımlı durumu 

arasında bağımsız durum bulunduğunda, 

bağımsız durumdan önceki bağımlı 

durumun, bağımlı olasılıklı farklı 

dizilimsiz dağılımlardaki sırası 

𝒍𝒔𝒂: simetrinin aranacağı bağımlı 

durumunun, bağımlı olasılıklı farklı 

dizilimsiz dağılımlardaki sırası. Simetrinin 

aranacağı bağımlı olayındaki durumun, 

bağımlı olasılık farklı dizilimsiz 

dağılımlarındaki sırası 

𝑗: son olaydan/(alt olay) ilk olaya doğru 

aranılan olayın sırası 

𝑗𝑖: simetrinin son bağımlı durumunun, 

bağımlı olasılıklı dağılımlarda 

bulunabileceği olayların, son olaydan 

itibaren sırası 

𝑗𝑠𝑎
𝑖 : simetriyi oluşturan bağımlı durumlar 

arasında simetrinin son bağımlı 

durumunun bulunduğu olayın, simetrinin 

son olayından itibaren sırası (𝑗𝑠𝑎
𝑖 = 𝑠) 

𝑗𝑖𝑘: simetrinin ikinci olayındaki durumun, 

gelebileceği olasılık dağılımlarındaki 

olayın sırası (son olaydan ilk olaya doğru) 

veya simetride, simetrinin aranacağı 

durumdan önce bulunan bağımlı durumun, 

bağımlı olasılıklı dağılımlarda 

bulunabileceği olayların, son olaydan 

itibaren sırası veya simetrinin iki bağımlı 



Simge ve Kısaltmalar                        k 

 

durum arasında bağımsız durumun 

bulunduğunda bağımsız durumdan önceki 

bağımlı durumun bağımlı olasılıklı 

dağılımlarda bulunabileceği olayların son 

olaydan itibaren sırası 

𝑗𝑠𝑎
𝑖𝑘: jik’da bulunan durumun simetriyi 

oluşturan bağımlı durumlar arasında 

bulunduğu olayın son olaydan 

itibaren sırası 

𝑗𝑋𝑖𝑘
: simetrinin ikinci olayındaki durumun, 

olasılık dağılımlarının son olaydan itibaren 

bulunabileceği olayın sırası 

𝑗𝑠: simetrinin ilk bağımlı durumunun, 

bağımlı olasılıklı dağılımlarda 

bulunabileceği olayların, son olaydan 

itibaren sırası 

𝑗𝑠𝑎
𝑠 : simetriyi oluşturan bağımlı 

durumlar arasında simetrinin ilk 

bağımlı durumunun bulunduğu 

olayın, simetrinin son olayından 

itibaren sırası (𝑗𝑠𝑎
𝑠 = 1) 

𝑗𝑠𝑎: simetriyi oluşturan bağımlı 

durumlar arasında simetrinin 

aranacağı durumun bulunduğu 

olayın, simetrinin son olayından 

itibaren sırası 

𝑗𝑠𝑎: jsa’da bulunan durumun bağımlı 

olasılıklı dağılımda bulunduğu olayın 

son olaydan itibaren sırası 

𝐷: bağımlı durum sayısı 

𝐷𝑖: olayın durum sayısı 

𝑠: simetrinin bağımlı durum sayısı 

𝒔: simetrik durum sayısı. Simetrinin 

bağımlı ve bağımsız durum sayısı 

𝑚: olasılık 

𝑀: olasılık dağılım sayısı 

𝑈: uyum eşitliği 

𝑢: uyum derecesi 

𝑠𝑖: olasılık dağılımı 

 

 

𝑆𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu simetrinin son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu bağımsız 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu bağımlı 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 
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𝑆𝑗𝑠𝑎
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin durumuna bağlı tek kalan 

simetrik olasılık 

𝑆𝑗𝑠𝑎,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin durumuna bağlı tek kalan 

simetrik olasılık 

𝑆𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin durumuna bağlı tek kalan 

simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖

𝐷𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖

𝐷𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖

𝐷𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu bağımsız simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu bağımlı simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑠 ,𝑗𝑠𝑎
𝐷𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi bir durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠 ,𝑗𝑠𝑎,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi bir 
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durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠 ,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠 ,𝑗𝑠𝑎
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠 ,𝑗𝑠𝑎,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi bir durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠 ,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 

bir durumunun bulunabileceği olaylara 

göre tek kalan simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin herhangi iki durumuna bağlı tek 

kalan simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin herhangi iki durumuna 

bağlı tek kalan simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin herhangi iki durumuna 

bağlı tek kalan simetrik olasılık 

 

 

𝑆𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin her durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin her durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin her durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 



n 
 

 

𝑆𝑓𝑧,0 𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi iki durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 

iki durumunun bulunabileceği olaylara 

göre tek kalan simetrik olasılık 

 

 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

bir ve son durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi bir 

ve son durumunun bulunabileceği olaylara 

göre tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi bir ve son durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

 

 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 
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𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

iki ve son durumunun bulunabileceği 

olaylara göre tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi iki 

ve son durumunun bulunabileceği olaylara 

göre tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre tek kalan 

simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık 

 

 

𝑆𝑓𝑧 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre herhangi iki 

duruma bağlı tek kalan simetrik olasılık 

𝑆𝑓𝑧 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı tek kalan 

simetrik olasılık 

𝑆𝑓𝑧 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı tek kalan 

simetrik olasılık 

𝑆𝑓𝑧,0 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı tek kalan 

simetrik olasılık 

𝑆𝑓𝑧,0 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi iki durumunun bulunabileceği 

olaylara göre herhangi iki duruma bağlı tek 

kalan simetrik olasılık 

𝑆𝑓𝑧,0 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 



p 
 

 

iki durumunun bulunabileceği olaylara 

göre herhangi iki duruma bağlı tek kalan 

simetrik olasılık 

 

 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

bir ve son durumunun bulunabileceği 

olaylara göre herhangi bir ve son duruma 

bağlı tek kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi bir 

ve son durumunun bulunabileceği olaylara 

göre herhangi bir ve son duruma bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi bir ve son durumunun 

bulunabileceği olaylara göre herhangi bir 

ve son duruma bağlı tek kalan simetrik 

olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

simetrik olasılık 

 

 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 
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bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

iki ve son durumunun bulunabileceği 

olaylara göre herhangi bir ve son 

durumuna bağlı tek kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi iki 

ve son durumunun bulunabileceği olaylara 

göre herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre herhangi bir 

ve son durumuna bağlı tek kalan simetrik 

olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan simetrik olasılık 

 

 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 



r 
 

 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir 

bağımsız olasılıklı farklı dizilimsiz 

bağımsız-bağımlı durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir 

bağımsız olasılıklı farklı dizilimsiz 

bağımsız-bağımlı durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre herhangi iki 

ve son durumuna bağlı tek kalan simetrik 

olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑖

𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑓𝑧 𝑗𝑖,0
𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑓𝑧 𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑓𝑧
0

𝑗𝑖

𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu simetrinin son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑖,0
𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu bağımsız 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑓𝑧
0

𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu bağımlı 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

 



Simge ve Kısaltmalar                        s 

 

 

𝑆𝑗𝑠𝑎
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin durumuna bağlı tek kalan 

düzgün simetrik olasılık 

𝑆𝑗𝑠𝑎,0
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin durumuna bağlı tek kalan 

düzgün simetrik olasılık 

𝑆𝑗𝑠𝑎,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin durumuna bağlı tek kalan 

düzgün simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖

𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖,0
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖

𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖,0
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖

𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖,0
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu bağımsız simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu bağımlı simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑠𝑎
𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi bir durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑠𝑎,0
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 
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bağımsız simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑠𝑎
𝐷𝑆𝑆𝑇: bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑠𝑎,0
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi bir durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 

bir durumunun bulunabileceği olaylara 

göre tek kalan düzgün simetrik olasılık 

 

 

𝑆𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin herhangi iki durumuna bağlı tek 

kalan düzgün simetrik olasılık 

𝑆𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin herhangi iki durumuna 

bağlı tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin herhangi iki durumuna 

bağlı tek kalan düzgün simetrik olasılık 

 

 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑆𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑆𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi iki durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 

iki durumunun bulunabileceği olaylara 

göre tek kalan düzgün simetrik olasılık 

 



Simge ve Kısaltmalar                        u 

 

 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

bir ve son durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi bir 

ve son durumunun bulunabileceği olaylara 

göre tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑆𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi bir ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑆𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

 

 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi iki ve son 
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durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

iki ve son durumunun bulunabileceği 

olaylara göre tek kalan düzgün simetrik 

olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi iki 

ve son durumunun bulunabileceği olaylara 

göre tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑆𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑆𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑆𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑖

𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑖,0
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑖

𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu simetrinin son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑖,0
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu bağımsız 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız durumlu bağımlı 

simetrinin son durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

 

 

𝑆𝑗𝑠𝑎
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 



Simge ve Kısaltmalar                        w 

 

simetrinin durumuna bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin durumuna bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin durumuna bağlı tek kalan 

düzgün olmayan simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖

𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖,0
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖

𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖,0
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖

𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖,0
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu bağımsız simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧
0

𝑗𝑠,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı-bir bağımsız veya 

bağımlı-bağımsız veya bağımsız-bağımsız 

durumlu bağımlı simetrinin ilk ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

 

 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑠𝑎
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi bir durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧 𝑗𝑠,𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 
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𝑆𝑓𝑧 𝑗𝑠,𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑠𝑎
𝐷𝑂𝑆𝑇: bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi bir durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑓𝑧,0 𝑗𝑠,𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 

bir durumunun bulunabileceği olaylara 

göre tek kalan düzgün olmayan simetrik 

olasılık 

 

 

𝑆𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız olasılıklı 

farklı dizilimsiz bağımlı durumlu 

simetrinin herhangi iki durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin herhangi iki durumuna 

bağlı tek kalan düzgün olmayan simetrik 

olasılık 

𝑆𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin herhangi iki durumuna 

bağlı tek kalan düzgün olmayan simetrik 

olasılık 

 

 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi iki durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 

iki durumunun bulunabileceği olaylara 

göre tek kalan düzgün olmayan simetrik 

olasılık 
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𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

bir ve son durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi bir 

ve son durumunun bulunabileceği olaylara 

göre tek kalan düzgün olmayan simetrik 

olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi bir ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

 

 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 



z 
 

 

durumlu simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

iki ve son durumunun bulunabileceği 

olaylara göre tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi iki 

ve son durumunun bulunabileceği olaylara 

göre tek kalan düzgün olmayan simetrik 

olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

𝑆𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan düzgün olmayan simetrik olasılık 

 

 

𝑆𝑓𝑧 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre herhangi iki 

duruma bağlı tek kalan düzgün olmayan 

simetrik olasılık 

𝑆𝑓𝑧 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,0
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk ve 

herhangi iki durumunun bulunabileceği 

olaylara göre herhangi iki duruma bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆𝑓𝑧,0 ⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝐷
𝐷𝑂𝑆𝑇 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk ve herhangi 

iki durumunun bulunabileceği olaylara 

göre herhangi iki duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

 

 



Simge ve Kısaltmalar                        aa 

 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

bir ve son durumunun bulunabileceği 

olaylara göre herhangi bir ve son duruma 

bağlı tek kalan düzgün olmayan simetrik 

olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi bir 

ve son durumunun bulunabileceği olaylara 

göre herhangi bir ve son duruma bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi bir ve son durumunun 

bulunabileceği olaylara göre herhangi bir 

ve son duruma bağlı tek kalan düzgün 

olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı tek kalan 

düzgün olmayan simetrik olasılık 

 

 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 



bb 
 

 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımsız simetrinin ilk herhangi 

iki ve son durumunun bulunabileceği 

olaylara göre herhangi bir ve son 

durumuna bağlı tek kalan düzgün olmayan 

simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu bağımlı simetrinin ilk herhangi iki 

ve son durumunun bulunabileceği olaylara 

göre herhangi bir ve son durumuna bağlı 

tek kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre herhangi bir 

ve son durumuna bağlı tek kalan düzgün 

olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

 

 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧,0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımsız-bağımlı 

durumlu simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 



Simge ve Kısaltmalar                        cc 

 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir 

bağımsız olasılıklı farklı dizilimsiz 

bağımsız-bağımlı durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧,0 : bağımlı ve bir 

bağımsız olasılıklı farklı dizilimsiz 

bağımsız-bağımlı durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖

𝐷𝑂𝑆𝑇
𝑓𝑧

0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre herhangi iki 

ve son durumuna bağlı tek kalan düzgün 

olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,0
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 

𝑆⇒𝑗𝑠 ,⇒ 𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖,𝐷
𝐷𝑂𝑆𝑇

𝑓𝑧
0 : bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz bağımlı-bir 

bağımsız veya bağımlı-bağımsız veya 

bağımsız-bağımsız durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı tek 

kalan düzgün olmayan simetrik olasılık 
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BAĞIMLI ve BİR 

BAĞIMSIZ OLASILIKLI 

FARKLI DİZİLİMSİZ 

DAĞILIMLAR 

 

Bağımlı dağılım ve bir bağımsız 

olasılıklı durumla oluşturulabilecek 

dağılımlara veya bağımlı olasılıklı 

dağılımların kendi olay sayısından 

(bağımlı olay sayısı)  büyük 

olaylara (bağımsız olay sayısı) 

dağılımıyla bağımlı ve bir bağımsız 

olasılık dağılımlar elde edilir. 

Bağımlı dağılım farklı dizilimsiz 

dağılımdan oluştuğunda, bu 

dağılımlara bağımlı ve bir bağımsız 

olasılıklı farklı dizilimsiz dağılımlar 

denir. Bağımlı ve bir bağımsız 

olasılıklı dağılımlar; bağımlı 

dağılımlara, bağımsız durumlar ilk 

olaydan dağıtılmaya başlanarak 

tabloları elde edilir. Bu bölümde 

verilen eşitlikler, bu yöntemle elde 

edilen kurallı tablolara göre 

verilmektedir. Farklı dizilimsiz 

dağılımlarda durumların küçükten-

büyüğe sıralanmasıyla elde edilebilen kurallı tablolar kullanılmaktadır. Farklı dizilimsiz 

dağılımlarda durumların küçükten-büyüğe sıralama için verilen eşitliklerde kullanılan durum 

sayılarının düzenlenmesiyle, büyükten-küçüğe sıralama durumlarının eşitlikleri elde 

edilebilir. 

Farklı dizilimsiz dağılımlar, dağılımın ilk durumuyla başlayan (bunun yerine farklı 

dizilimli dağılımlarda simetrinin ilk durumuyla başlayan dağılımlar), dağılımın ilk durumu 

haricinde dağılımın herhangi bir durumuyla başlayan dağılımlar (bunun yerine farklı dizilimli 

dağılımlarda simetride bulunmayan bir durumla başlayan dağılımlar) ve dağılımın ilk durumu 

hariç olasılık dağılımının başladığı farklı ikinci durumla başlayıp simetrinin ilk durumuyla 

başlayan dağılımların sonuna kadar olan dağılımlarda (bunun yerine farklı dizilimli 

dağılımlarda simetride bulunmayan diğer durumlarla başlayan dağılımlar) simetrik, düzgün 

simetrik, düzgün olmayan simetrik v.d. incelenir. Bağımlı dağılımlardaki incelenen başlıklar, 

bağımlı ve bir bağımsız olasılıklı dağılımlarda, bağımsız durumla ve bağımlı durumla 

başlayan dağılımlar olarak da incelenir. 

E2 
Bağımlı ve Bir Bağımsız Olasılıklı Farklı 

Dizilimsiz Dağılımlar 

 Simetrik Olasılık 

 Toplam Düzgün Simetrik Olasılık 

 Toplam Düzgün Olmayan Simetrik 

Olasılık 

 İlk Simetrik Olasılık 

 İlk Düzgün Simetrik Olasılık 

 İlk Düzgün Olmayan Simetrik Olasılık 

 Tek Kalan Simetrik Olasılık 

 Tek Kalan Düzgün Simetrik Olasılık 

 Tek Kalan Düzgün Olmayan Simetrik 

Olasılık 

 Kalan Simetrik Olasılık 

 Kalan Düzgün Simetrik Olasılık 

 Kalan Düzgün Olmayan Simetrik 

Olasılık 



2 𝐷 > 𝒏 < 𝑛 
 

 Bağımlı dağılımlar; a) olasılık dağılımlardaki simetrik, (toplam) düzgün simetrik ve 

(toplam) düzgün olmayan simetrik b) ilk simetrik, ilk düzgün simetrik ve ilk düzgün olmayan 

simetrik c) tek kalan simetrik, tek kalan düzgün simetrik ve tek kalan düzgün olmayan 

simetrik ve d) kalan simetrik, kalan düzgün simetrik ve kalan düzgün olmayan simetrik 

olasılıklar olarak incelendiğinden, bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz 

dağılımlarda bu başlıklarla incelenmekle birlikte, bu simetrik olasılıkların bağımsız durumla 

başlayan ve bağımlı durumlarıyla başlayan dağılımlara göre de tanım ve eşitlikleri 

verilmektedir. 

Farklı dizilimsiz dağılımlarda simetrinin durumlarının olasılık dağılımındaki sırası, 

simetrik olasılıkları etkilediğinden, bu bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz 

dağılımları da etkiler. Bu nedenle bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz 

dağılımlarda, simetrinin durumlarının bulunabileceği olaylara göre simetrik olasılık eşitlikleri, 

simetrinin durumlarının olasılık dağılımındaki sıralamalarına göre ayrı ayrı verilecektir. Bu 

eşitliklerin elde edilmesinde bağımlı olasılıklı farklı dizilimsiz dağılımlarda simetrinin 

durumların bulunabileceği olaylara göre çıkarılan eşitlikler kullanılacaktır. Bu eşitlikler, bir 

bağımlı ve bir bağımsız olasılıklı dağılımlar için VDOİHİ Cilt 2.1.1’de çıkarılan eşitliklerle 

birleştirilerek, bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz dağılımların yeni eşitlikleri 

elde edilecektir. Eşitlikleri adlandırılmasında da bağımlı olasılıklı farklı dizilimsiz 

dağılımlarda kullanılan adlandırmalar kullanılacaktır. Bu adların başına simetrinin bağımlı ve 

bağımsız durumlarına göre ve dağılımın bağımsız veya bağımlı durumla başlamasına göre 

“Bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz bağımlı/bağımsız-bağımlı/bağımlı-bir 

bağımsız/bağımlı-bağımsız/bağımsız-bağımsız durumlu /bağımsız/bağımlı” kelimeleri 

getirilerek, simetrinin bağımlı durumlarının bulunabileceği olaylara göre bağımlı ve bir 

bağımsız olasılıklı farklı dizilimsiz adları elde edilecektir. Simetriden seçilen durumların 

bulunabileceği olaylara göre simetrik, düzgün simetrik veya düzgün olmayan simetrik olasılık 

için birden fazla cilt kullanılması durumunda gerekmedikçe yeni tanımlama yapılmayacaktır. 

Simetrinin durumlarının bağımlı olasılık farklı dizilimsiz dağılımlarındaki sırasına 

göre verilen eşitliklerdeki toplam alma sınır değerleri, simetrinin küçükten-büyüğe sıralanan 

dağılımlarına göre verildiğinden, bu dağılımlarda da aynı sıralama kullanılmaya devam 

edilecektir. Bağımlı olasılıklı farklı dizilimsiz dağılımlarda olduğu gibi bağımlı ve bir 

bağımsız olasılıklı farklı dizilimsiz dağılımlarda da aynı eşitliklerde simetrinin durum sayıları 

düzenlenerek, büyükten-küçüğe sıralanan dağılımlar için de simetrik olasılık eşitlikleri elde 

edilir. 

Bu ciltte bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz dağılımlardan, bağımsız 

olasılıklı durumla başlayıp ilk bağımlı durumu bağımlı olasılıklı dağılımın ilk bağımlı durumu 

hariç dağılımın başlayabileceği diğer bir bağımlı durum olan ve bağımsız olasılıklı durumla 

başlayan dağılımın aynı ilk bağımlı durumuyla başlayan dağılımlarda, simetrinin ilk herhangi 

iki ve son durumunun bulunabileceği olaylara göre tek kalan düzgün olmayan simetrik 

olasılığın eşitlikleri verilmektedir. 
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SİMETRİDEN SEÇİLEN DÖRT DURUMA GÖRE TEK KALAN DÜZGÜN 

OLMAYAN SİMETRİK OLASILIK 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



4 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



6 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



8 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



10 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  



12 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  



14 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  



16 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  



18 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



20 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



22 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 



24 𝐷 > 𝒏 < 𝑛 

 

 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



26 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  



28 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 



30 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 



32 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



34 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



36 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



38 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



40 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



42 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 



44 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 



46 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



48 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔𝒂+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑗𝑠𝑎+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



50 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



52 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



56 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 



64 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔𝒂−𝒍−𝑗𝑠𝑎+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



68 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        77 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



78 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



80 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎

𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



82 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝑛 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 



106 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



124 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 



126 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



128 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒔+𝒏+𝑗𝑠𝑎
𝑖𝑘−𝐷−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



130 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



136 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 



138 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 
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𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



144 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=𝒍𝒔+𝒏−𝐷)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



146 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



148 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



150 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



152 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 



166 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



168 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



174 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



176 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



184 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 



188 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔𝒂+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑗𝑠𝑎+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        195 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



196 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        199 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔𝒂−𝒍−𝑗𝑠𝑎+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 



210 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  



212 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 



216 𝐷 > 𝒏 < 𝑛 

 

 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        219 

 

 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎

𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



224 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



226 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 



228 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



240 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 



246 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



248 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 



258 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



260 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 



262 𝐷 > 𝒏 < 𝑛 

 

 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



268 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



270 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒔+𝒏+𝑗𝑠𝑎
𝑖𝑘−𝐷−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 
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𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=𝒍𝒔+𝒏−𝐷)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 
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𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



300 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



302 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



306 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        327 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔𝒂+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑗𝑠𝑎+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 



336 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔𝒂−𝒍−𝑗𝑠𝑎+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



356 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



358 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



360 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎

𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝑛 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



378 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



380 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 



386 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



388 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



390 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



394 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        403 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒔+𝒏+𝑗𝑠𝑎
𝑖𝑘−𝐷−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        419 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        421 

 

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 



428 𝐷 > 𝒏 < 𝑛 

 

 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 5 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



430 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=𝒍𝒔+𝒏−𝐷)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 
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𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



436 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



438 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        461 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        463 

 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 



470 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔𝒂+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑗𝑠𝑎+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔𝒂−𝒍−𝑗𝑠𝑎+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 



500 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        503 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎

𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        511 

 

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        515 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  



522 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



524 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 



550 𝐷 > 𝒏 < 𝑛 

 

 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



554 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



556 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒔+𝒏+𝑗𝑠𝑎
𝑖𝑘−𝐷−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



562 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 



564 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 
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𝑗𝑠𝑎 = 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=𝒍𝒔+𝒏−𝐷)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 



578 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 



580 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 



582 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 



584 𝐷 > 𝒏 < 𝑛 

 

 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 



586 𝐷 > 𝒏 < 𝑛 

 

 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 



588 𝐷 > 𝒏 < 𝑛 

 

 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 



590 𝐷 > 𝒏 < 𝑛 

 

 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 
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𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



610 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



612 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 



614 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



620 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔𝒂+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑗𝑠𝑎+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



622 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



626 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



628 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 



630 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



632 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 



634 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔𝒂−𝒍−𝑗𝑠𝑎+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎

𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        661 

 

 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 



662 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝑛 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        685 

 

 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  



688 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



690 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        697 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒔+𝒏+𝑗𝑠𝑎
𝑖𝑘−𝐷−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 



704 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 
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𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 = 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=𝒍𝒔+𝒏−𝐷)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



720 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



722 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        731 

 

 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 



732 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



734 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



736 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



740 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        741 

 

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



746 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



762 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔𝒂+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑗𝑠𝑎+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 



774 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        779 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔𝒂−𝒍−𝑗𝑠𝑎+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 



782 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  



784 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        793 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        795 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎

𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        809 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



810 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



812 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 



818 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



820 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 



826 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 



828 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 



830 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 



832 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 



834 𝐷 > 𝒏 < 𝑛 

 

 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 



836 𝐷 > 𝒏 < 𝑛 

 

 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  



838 𝐷 > 𝒏 < 𝑛 

 

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        839 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



840 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒔+𝒏+𝑗𝑠𝑎
𝑖𝑘−𝐷−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 



850 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



852 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 



854 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



856 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 
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𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 = 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎, ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 6 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 



858 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=𝒍𝒔+𝒏−𝐷)𝑘=𝒍

 



860 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 
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𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



862 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑗𝑠𝑎−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



864 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



866 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



868 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



870 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



872 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



874 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        879 

 

 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



880 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



882 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝑠+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        899 

 

 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+2)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔𝒂+𝑗𝑠𝑎
𝑖𝑘−𝒍−𝑗𝑠𝑎+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 
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𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 



916 𝐷 > 𝒏 < 𝑛 

 

 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



918 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+2

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 



924 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔𝒂−𝒍−𝑗𝑠𝑎+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 



926 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



928 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒊𝒌−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 



930 𝐷 > 𝒏 < 𝑛 

 

 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 



934 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)𝑗𝑖𝑘=𝑗𝑠+𝒍𝒊𝒌−𝒍𝒔

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 



BÖLÜM E2 Simetriden Seçilen Dört Duruma Göre Tek Kalan Düzgün Olmayan Simetrik Olasılık        935 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

( )

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝒍𝒔𝒂−𝒍𝒊𝒌)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒊 ≤ 𝐷 + 𝑠 − 𝒏 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎
𝑖𝑘

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝑛 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑖𝑘+𝑗𝑠𝑎−𝑗𝑠𝑎
𝑖𝑘+1)𝑗𝑖𝑘=𝑗𝑠+𝑗𝑠𝑎

𝑖𝑘−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 



940 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑ ∑

𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔𝒂+𝑠−𝒍−𝑗𝑠𝑎+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 



942 𝐷 > 𝒏 < 𝑛 

 

 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 



948 𝐷 > 𝒏 < 𝑛 

 

 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+2

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊𝒌+𝑠−𝒍−𝑗𝑠𝑎
𝑖𝑘+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 



956 𝐷 > 𝒏 < 𝑛 

 

 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 
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𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝑗𝑖+𝑗𝑠𝑎−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 



970 𝐷 > 𝒏 < 𝑛 

 

 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝑗𝑠𝑎−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒔+𝑠−𝒍+1

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷
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∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒔+𝑠−𝒍

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)𝑗𝑖𝑘=𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

( )

(𝑗𝑠𝑎=𝑗𝑖+𝒍𝒔𝒂−𝒍𝒊)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 
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𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 
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1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 
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(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+2)

𝒍𝒊𝒌−𝒍+1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 
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(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒊𝒌+𝑗𝑠𝑎−𝒍−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒔+𝒏+𝑗𝑠𝑎
𝑖𝑘−𝐷−1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 
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(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

 

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)
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(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝑗𝑠𝑎+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 
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(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 
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(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=2)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝑙 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜
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∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 + 1 ≤ 𝒍 ≤ 𝒍𝒊 − 1 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 = 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 
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𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝒍𝒊−𝒍𝒔𝒂

(𝒍𝒊+𝑗𝑠𝑎−𝒍−𝑠+1)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 = 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 > 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 
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𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 
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(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 
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∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)

𝒍𝒔+𝑗𝑠𝑎
𝑖𝑘−𝒍

𝑗𝑖𝑘=𝑗𝑠𝑎
𝑖𝑘+1

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

( )

(𝑗𝑠=𝑗𝑖𝑘+𝒍𝒔−𝒍𝒊𝒌)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)

𝑗𝑠𝑎+𝑗𝑠𝑎
𝑖𝑘−𝑗𝑠𝑎−1

𝑗𝑖𝑘=𝒍𝒊𝒌+𝒏−𝐷

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒔𝒂 + 𝑗𝑠𝑎
𝑖𝑘 − 𝒍𝒊𝒌 − 𝑗𝑠𝑎)!

(𝑗𝑖𝑘 + 𝒍𝒔𝒂 − 𝑗𝑠𝑎 − 𝒍𝒊𝒌)! ∙ (𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑖𝑘 − 𝑗𝑠𝑎)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
  

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝒍 ≠ 𝒍𝒊 ∧ 𝒍𝒔 ≤ 𝐷 − 𝒏 + 1 ∧ 

2 ≤ 𝒍 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 𝒍𝒊 ∧ 

1 ≤ 𝑗𝑠 ≤ 𝑗𝑖𝑘 − 𝑗𝑠𝑎
𝑖𝑘 + 1 ∧ 𝑗𝑠 + 𝑗𝑠𝑎

𝑖𝑘 − 1 ≤ 𝑗𝑖𝑘 ≤ 𝑗𝑠𝑎 + 𝑗𝑠𝑎
𝑖𝑘 − 𝑗𝑠𝑎 ∧ 

𝑗𝑖𝑘 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎
𝑖𝑘 ≤ 𝑗𝑠𝑎 ≤ 𝑗𝑖 + 𝑗𝑠𝑎 − 𝑠 ∧ 𝑗𝑠𝑎 + 𝑠 − 𝑗𝑠𝑎 ≤ 𝑗𝑖 ≤ 𝒏 ∧ 

𝒍𝒊𝒌 − 𝑗𝑠𝑎
𝑖𝑘 + 1 > 𝒍𝒔 ∧ 𝒍𝒔𝒂 + 𝑗𝑠𝑎

𝑖𝑘 − 𝑗𝑠𝑎 = 𝒍𝒊𝒌 ∧ 𝒍𝒊 + 𝑗𝑠𝑎 − 𝑠 > 𝒍𝒔𝒂 ∧ 

𝐷 + 𝑠 − 𝒏 < 𝒍𝒊 ≤ 𝐷 + 𝒍𝒔 + 𝑠 − 𝒏 − 1 ∧ 

𝐷 ≥ 𝒏 < 𝑛 ∧ 𝐼 =  𝕜 >  0 ∧ 



1000 𝐷 > 𝒏 < 𝑛 

 

 

𝑗𝑠𝑎 < 𝑗𝑠𝑎
𝑖 − 1 ∧ 𝑗𝑠𝑎

𝑖𝑘 < 𝑗𝑠𝑎 − 1 ∧ 𝑗𝑠𝑎
𝑠 < 𝑗𝑠𝑎

𝑖𝑘 − 1 ∧ 

𝒔: {𝑗𝑠𝑎
𝑠 , ⋯ , 𝕜1, 𝑗𝑠𝑎

𝑖𝑘, ⋯ , 𝕜2, 𝑗𝑠𝑎 , ⋯ , 𝕜3, 𝑗𝑠𝑎
𝑖 } ∧ 

𝑠 ≥ 7 ∧ 𝒔 = 𝑠 + 𝕜 ∧ 

𝕜𝑧: 𝑧 = 3 ∧ 𝕜 = 𝕜1 + 𝕜2 + 𝕜3 ⇒ 

𝑆𝑓𝑧 𝑗𝑠  ,𝑗𝑖𝑘,𝑗𝑠𝑎,𝑗𝑖
= ∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎+1

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 
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(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝒍𝒊+𝒏−𝐷

(𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠−1)

(𝑗𝑠𝑎=𝒍𝒔𝒂+𝒏−𝐷)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 



1002 𝐷 > 𝒏 < 𝑛 

 

 

∑ ∑

(𝒍𝒔−𝒍+1)

(𝑗𝑠=2)𝑘=𝒍

 

∑ ∑ ∑

𝒍𝒊−𝒍+1

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔𝒂−𝒍+1)

(𝑗𝑠𝑎=𝒍𝒔+𝑗𝑠𝑎−𝒍+1)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝒍𝒊 + 𝑗𝑠𝑎 − 𝒍𝒔𝒂 − 𝑠)!

(𝑗𝑠𝑎 + 𝒍𝒊 − 𝑗𝑖 − 𝒍𝒔𝒂)! ∙ (𝑗𝑖 + 𝑗𝑠𝑎 − 𝑗𝑠𝑎 − 𝑠)!
∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
+ 

∑ ∑

(𝑗𝑖𝑘−𝑗𝑠𝑎
𝑖𝑘)

(𝑗𝑠=𝒍𝒔+𝒏−𝐷)𝑘=𝒍
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∑ ∑ ∑

𝑗𝑖=𝑗𝑠𝑎+𝑠−𝑗𝑠𝑎

(𝒍𝒔+𝑗𝑠𝑎−𝒍)

(𝑗𝑠𝑎=𝒍𝒊+𝒏+𝑗𝑠𝑎−𝐷−𝑠)𝑗𝑖𝑘=𝑗𝑠𝑎+𝒍𝒊𝒌−𝒍𝒔𝒂

  

∑ ∑ ∑

𝑛𝑖𝑠+𝑗𝑠−𝑗𝑖𝑘−𝕜1

𝑛𝑖𝑘=𝒏+𝕜2+𝕜3−𝑗𝑖𝑘+1

(𝑛𝑖−𝑗𝑠+1)

(𝑛𝑖𝑠=𝒏+𝕜−𝑗𝑠+1)

𝑛

𝑛𝑖=𝒏 + 𝕜

 

∑ ∑

𝑛𝑠𝑎+𝑗𝑠𝑎−𝑗𝑖−𝕜3

𝑛𝑠=𝒏−𝑗𝑖+1

(𝑛𝑖𝑘+𝑗𝑖𝑘−𝑗𝑠𝑎−𝕜2)

(𝑛𝑠𝑎=𝒏+𝕜3−𝑗𝑠𝑎+1)

 

(𝑛𝑖 − 𝑛𝑖𝑠 − 1)!

(𝑗𝑠 − 2)! ∙ (𝑛𝑖 − 𝑛𝑖𝑠 − 𝑗𝑠 + 1)!
∙ 

(𝑛𝑖𝑠 − 𝑛𝑖𝑘 − 𝕜1 − 1)!

(𝑗𝑖𝑘 − 𝑗𝑠 − 1)! ∙ (𝑛𝑖𝑠 + 𝑗𝑠 − 𝑛𝑖𝑘 − 𝑗𝑖𝑘 − 𝕜1)!
∙ 

(𝑛𝑖𝑘 − 𝑛𝑠𝑎 − 𝕜2 − 1)!

(𝑗𝑠𝑎 − 𝑗𝑖𝑘 − 1)! ∙ (𝑛𝑖𝑘 + 𝑗𝑖𝑘 − 𝑛𝑠𝑎 − 𝑗𝑠𝑎 − 𝕜2)!
∙ 

(𝑛𝑠𝑎 − 𝑛𝑠 − 𝕜3 − 1)!

(𝑗𝑖 − 𝑗𝑠𝑎 − 1)! ∙ (𝑛𝑠𝑎 + 𝑗𝑠𝑎 − 𝑛𝑠 − 𝑗𝑖 − 𝕜3)!
∙ 

(𝑛𝑠 − 1)!

(𝑛𝑠 + 𝑗𝑖 − 𝒏 − 1)! ∙ (𝒏 − 𝑗𝑖)!
∙ 

(𝒍𝒔 − 𝒍 − 1)!

(𝒍𝒔 − 𝑗𝑠 − 𝒍 + 1)! ∙ (𝑗𝑠 − 2)!
∙ 

(𝒍𝒊𝒌 − 𝒍𝒔 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

(𝑗𝑠 + 𝒍𝒊𝒌 − 𝑗𝑖𝑘 − 𝒍𝒔)! ∙ (𝑗𝑖𝑘 − 𝑗𝑠 − 𝑗𝑠𝑎
𝑖𝑘 + 1)!

∙ 

(𝐷 − 𝒍𝒊)!

(𝐷 + 𝑗𝑖 − 𝒏 − 𝒍𝒊)! ∙ (𝒏 − 𝑗𝑖)!
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DİZİN 

 

 
B 

 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin son 

durumunun bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.1.1.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.1.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin son durumunun bulunabileceği 

olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.1.2.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.2.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin son durumunun bulunabileceği 

olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.1.3.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bir bağımlı-bir bağımsız 

durumlu simetrinin son durumunun 

bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.1.1.1/230-231 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.1.1/187-188 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.1.1/321 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bir bağımlı-bir bağımsız 

durumlu bağımsız simetrinin son 

durumunun bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.1.2.1/230-231 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.2.1/187-188 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.2.1/321 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bir bağımlı-bir bağımsız 

durumlu bağımlı simetrinin son 

durumunun bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.1.3.1/230-231 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.3.1/187-188 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.3.1/321 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

simetrinin son durumunun bulunabileceği 

olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.4.1.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.4.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.4.1.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımsız simetrinin son durumunun 

bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.4.2.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.4.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.4.2.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımlı simetrinin son durumunun 

bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.4.3.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.4.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.4.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bir bağımlı-bağımsız durumlu 
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simetrinin son durumunun bulunabileceği 

olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.1.1.1.1/233 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.1.1/190 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.1.1/324-325 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bir bağımlı-bağımsız durumlu 

bağımsız simetrinin son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.1.1.2.1/233 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.2.1/190 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.2.1/324-325 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bir bağımlı-bağımsız durumlu 

bağımlı simetrinin son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.1.1.3.1/233 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.3.1/190 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.3.1/324-325 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

simetrinin son durumunun bulunabileceği 

olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.6.1.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.6.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.6.1.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımsız simetrinin son durumunun 

bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.6.2.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.6.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.6.2.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımlı simetrinin son durumunun 

bulunabileceği olaylara göre  

tek kalan simetrik olasılık, 

2.3.3.1.1.6.3.1/3-4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.6.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.6.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin 

durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.1.1.1.1/118 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.1.1/80-81 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.1.1/165 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.1.1.2.1/118 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.2.1/80-81 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.2.1/165 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.1.1.3.1/118 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.1.1.3.1/80-81 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.1.1.3.1/165 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

ve son durumunun bulunabileceği olaylara 

göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.1.1.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.1.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.1.1.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 
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tek kalan simetrik olasılık, 

2.3.3.1.2.1.2.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.1.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.1.2.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.1.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.1.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.1.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.2.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.2.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.2.1.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.2.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.2.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.2.2.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.2.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.2.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.2.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.4.1.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.4.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.4.1.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımsız simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.4.2.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.4.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.4.2.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımlı simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.4.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.4.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.4.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.6.1.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.6.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.6.1.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımsız simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.6.2.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.6.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.6.2.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımlı simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 
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tek kalan simetrik olasılık, 

2.3.3.1.2.6.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.6.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.6.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.7.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.7.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.7.1.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımsız simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.7.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.7.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.7.2.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımlı simetrinin ilk ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.2.7.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.2.7.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.2.7.3.1/4 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

ve herhangi bir durumunun bulunabileceği 

olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.3.1.1.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.3.1.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.3.1.1.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk ve herhangi bir durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.3.1.2.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.3.1.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.3.1.2.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk ve herhangi bir durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.3.1.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.3.1.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.3.1.3.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk ve herhangi bir durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.3.2.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.3.2.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.3.2.1.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.3.2.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.3.2.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.3.2.2.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi bir 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.3.2.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.3.2.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.3.2.3.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin 

herhangi iki durumuna bağlı 
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tek kalan simetrik olasılık, 

2.3.3.1.4.1.1.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.4.1.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.4.1.1.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin herhangi iki durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.4.1.2.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.4.1.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.4.1.2.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin herhangi iki durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.4.1.3.1/4 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.4.1.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.4.1.3.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin her 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.4.1.1.1/839-840 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin her durumunun bulunabileceği 

olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.4.1.2.1/839-840 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin her durumunun bulunabileceği 

olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.4.1.3.1/839-840 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

ve herhangi iki durumunun bulunabileceği 

olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.5.1.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.5.1.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.5.1.1.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.5.1.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.5.1.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.5.1.2.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.5.1.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.5.1.3.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.5.1.3.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.5.2.1.1/6 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.5.2.1.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.5.2.1.1/10 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.5.2.2.1/6 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.5.2.2.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.5.2.2.1/10 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.5.2.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.5.2.3.1/3-4 
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tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.5.2.3.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

ve herhangi iki durumunun bulunabileceği 

olaylara göre herhangi iki duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.8.1.1.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.8.1.1.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre herhangi iki 

duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.8.1.2.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.8.1.2.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre herhangi iki 

duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.8.1.3.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.8.1.3.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk ve herhangi iki durumunun 

bulunabileceği olaylara göre herhangi iki 

duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.8.2.1.1/11 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.8.2.1.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.8.2.2.1/11 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.8.2.2.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk ve herhangi iki 

durumunun bulunabileceği olaylara göre 

herhangi iki duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.8.2.3.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.8.2.1.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

herhangi bir ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.1.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.1.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.1.1.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.1.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.1.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.1.2.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.1.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.1.3.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.1.3.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.2.1.1/6 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.2.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.2.1.1/8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 
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tek kalan simetrik olasılık, 

2.3.3.1.6.2.2.1/6 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.2.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.2.2.1/8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.2.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.2.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.2.3.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.4.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.4.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.4.1.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.4.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.4.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.4.2.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.4.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.4.3.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.4.3.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.6.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.6.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.6.1.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.6.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.6.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.6.2.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.6.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.6.3.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.6.3.1/5-6 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.7.1.1/6 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.7.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.7.1.1/8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.6.7.2.1/6 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.7.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.7.2.1/8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 
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tek kalan simetrik olasılık, 

2.3.3.1.6.7.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.6.7.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.6.7.3.1/5 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

herhangi bir ve son durumunun 

bulunabileceği olaylara göre herhangi bir 

ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.1.1.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.1.1.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.1.2.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.1.2.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.1.3.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.1.3.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.2.1.1/11 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.2.1.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.2.2.1/11 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.2.2.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.2.3.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.2.3.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.4.1.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.4.1.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.4.2.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.4.2.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.4.3.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.4.3.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.6.1.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.6.1.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımsız simetrinin ilk herhangi bir ve son 
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durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.6.2.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.6.2.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.6.3.1/7 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.6.3.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.7.1.1/11 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.7.1.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımsız simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.7.2.1/11 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.7.2.1/11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımlı simetrinin ilk herhangi bir ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son duruma bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.9.7.3.1/11 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.9.7.3.1/7-8 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.1.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.1.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.1.1.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.1.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.1.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.1.2.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.1.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.1.3.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.1.3.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.2.1.1/7 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.2.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.2.1.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.2.2.1/7 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.2.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.2.2.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.2.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.2.3.1/3-4 
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tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.2.3.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.4.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.4.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.4.1.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.4.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.4.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.4.2.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.4.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.4.3.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.4.3.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.6.1.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.6.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.6.1.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.6.2.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.6.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.6.2.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.6.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.6.3.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.6.3.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.7.1.1/7 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.7.1.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.7.1.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.7.2.1/7 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.7.2.1/4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.7.2.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

tek kalan simetrik olasılık, 

2.3.3.1.7.7.3.1/5 

tek kalan düzgün simetrik olasılık, 

2.3.3.2.7.7.3.1/3-4 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.7.7.3.1/7 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre herhangi bir 

ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.1.1.1/9 
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tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.1.1.1/10 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.1.2.1/9 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.1.2.1/10 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.1.3.1/9 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.1.3.1/10 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.2.1.1/15-16 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.2.1.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.2.2.1/15-16 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.2.2.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.2.3.1/9-10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.2.3.1/10 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.4.1.1/9 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.4.1.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.4.2.1/9 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.4.2.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.4.3.1/9 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.4.3.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.6.1.1/9 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.6.1.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.6.2.1/9 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.6.2.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.6.3.1/9 
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tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.6.3.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.7.1.1/15-16 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.7.1.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.7.2.1/15-16 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.7.2.1/16 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi bir ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.10.7.3.1/9-10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.10.7.3.1/10 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu simetrinin ilk 

herhangi iki ve son durumunun 

bulunabileceği olaylara göre herhangi iki 

ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.1.1.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.1.1.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımsız 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.1.2.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.1.2.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı durumlu bağımlı 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.1.3.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.1.3.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.2.1.1/17 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.2.1.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.2.2.1/17 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.2.2.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımlı durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.2.3.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.2.3.1/10-11 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.4.1.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.4.1.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.4.2.1/10 
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tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.4.2.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bir bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.4.3.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.4.3.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.6.1.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.6.1.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.6.2.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.6.2.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımlı-bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.6.3.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.6.3.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.7.1.1/17 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.7.1.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımsız simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.7.2.1/17 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.7.2.1/17-18 

Bağımlı ve bir bağımsız olasılıklı farklı 

dizilimsiz bağımsız-bağımsız durumlu 

bağımlı simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre 

herhangi iki ve son durumuna bağlı 

tek kalan simetrik olasılık, 

2.3.3.1.11.7.3.1/10 

tek kalan düzgün olmayan simetrik 

olasılık, 2.3.3.3.11.7.3.1/10-11 



 

 

VDOİHİ’de Olasılık ve İhtimal konularının tanım ve eşitlikleri verilmektedir. Ayrıca 

VDOİHİ’de olasılık ve ihtimalin uygulama alanlarına da yer verilmektedir. VDOİHİ konu 

anlatım ciltleri ve soru, problem ve ispat çözümlerinden oluşmaktadır. Bu cilt bağımlı ve bir 

bağımsız olasılıklı farklı dizilimsiz olasılık dağılımlardan, bağımsız olasılıklı durumla 

başlayıp ilk bağımlı durumu bağımlı olasılıklı dağılımın ilk bağımlı durumu hariç dağılımın 

başlayabileceği diğer bir bağımlı durum olan ve bağımsız olasılıklı durumla başlayan 

dağılımın aynı ilk bağımlı durumuyla başlayan dağılımlarda, simetrinin ilk herhangi iki ve son 

durumunun bulunabileceği olaylara göre tek kalan düzgün olmayan simetrik olasılığın, tanım 

ve eşitliklerinden oluşmaktadır. 

VDOİHİ Bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz bağımlı durumlu simetrinin ilk 

herhangi iki ve son durumunun bulunabileceği olaylara göre tek kalan düzgün olmayan 

simetrik olasılık kitabında, bağımlı ve bir bağımsız olasılıklı farklı dizilimsiz dağılımlardan, 

bağımsız olasılıklı durumla başlayıp ilk bağımlı durumu bağımlı olasılıklı dağılımın ilk 

bağımlı durumu hariç dağılımın başlayabileceği diğer bir bağımlı durum olan ve bağımsız 

olasılıklı durumla başlayan dağılımın aynı ilk bağımlı durumuyla başlayan dağılımlarda, 

simetrinin ilk herhangi iki ve son durumunun bulunabileceği olaylara göre tek kalan düzgün 

olmayan simetrik olasılığın, tanım ve eşitlikleri verilmektedir. 

VDOİHİ’nin diğer ciltlerinde olduğu gibi bu ciltte de verilen ana eşitlikler, olasılık 

tablolarından elde edilen verilerle üretilmiştir. Diğer eşitlikler ise ana eşitliklerden teorik 

yöntemle üretilmiştir. Eşitlik ve tanımların üretilmesinde dış kaynak kullanılmamıştır. 
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